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iw.kkaZd (INTEGERS)

,d fnu d{kk ds lHkh Nk=ksa us f'k{kd ls vuqjks/k fd;k fd os dksbZ [ksy [ksyuk pkgrs gSaA bl
ij f'k{kd us viuh Lohd̀fr nsrs gq, dgk ^^D;ksa ugha vkb, vkt la[;kvkas ls lacaf/kr [ksy [ksysa**A

vki lHkh viuh dkWih esa ,d vad dh dksbZ la[;k fy[kdj bls nks ls xq.kk djsa] izkIr xq.kuQy
eas ls 12 ?kVk,¡ vkSj eq>s mÙkj crk,¡ &

Nk=ksa }kjk fd, tkus okys gy dh rhu laHkkouk,¡ gks ldrh gaS %
1- d{kk ds dqN fo|kfFkZ;ksa ds ifj.kke Qkfrek ds leku vk ldrs gSaA
2- dqN fo|kfFkZ;ksa ds ifj.kke deyh ds leku vk ldrs gSaA
3- dqN fo|kfFkZ;ksa dh leL;k eksuw ds leku gks ldrh gS] os la[;k dks ?kVk ldus esa vleFkZ jgs

gksaA
eksuw tSls vU; cPps Hkh Fks mu lcus dgk] **ge D;k

djsâ ^] f'k{kd us dgk ̂ ^pfy, ge bls le>us dk iz;kl djsaA**
^^eku yhft, fd vius xkao ds rkykc esa ,d ck¡l lh/kk xM+k
gqvk gSA rkykc dk ,d dhM+k ck¡l ij ikuh ds Åijh lrg ls
10 QhV lh/kk Åij p<+rk gS] blds ckn og dhM+k ogka ls 12
QhV uhps dh vksj vkrk gSA**

vr% ;g Li"V gS fd og dhM+k ikuh dh Åijh lrg
ls 2 QhV uhps gSA ikuh dh lrg dks ;fn 0 ls n'kkZ;k tk,
rks uhps ds iSekus dks dSls fn[kk,a \

ijarq eksuw dks vc Hkh ;g le> esa ugha vk;k dh ¼10&12½ fdl vad ds cjkcj gksxkA mlus dgk
^^eq>s vHkh Hkh le> ugha vk;k fd D;k d:¡A** rc f'k{kd us iklk vkSj iV~Vh dk ,d [ksy f[kyk;kA
^^gekjs ikl ,d yEch iV~Vh gS ftlds chpksa chp 0 fy[kk gSA 0 ds nk;ha vksj 10 vkSj ck;ha vksj 10 [kkus
cus gSaA nk¡;h vksj ds [kkuksa esa ¼fp=&2½s 1 ls 10 rd vad fy[ks gSa rFkk nks ikls gS] ,d yky vkSj nwljk
gjkA

0 1 2 3 4 5 6 7 8 9 10

10 QhV Åij

ikuh dh Åijh lrg        12 QhV uhps

rkykc dk ikuh

fp= 1

lksph xbZ la[;k 7 6 5

2 ls xq.kk djus ij 7×2¾14 6×2¾12 5×2¾10

izkIRk xq.kuQy esa 12 ?kVkb, 14&12¾2 12&12¾0 10&12¾ \

fp=&2

ck,¡ ls nk,¡

nk,¡ ls ck,¡

-------------

funs Z'k

10 QhV Åij

ikuh dh Åijh lrg        12 QhV uhps

rkykc dk ikuh

fp= 1
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 bl [ksy esa nks 'krsZaa gSa % (There are two conditions for the game.)

igyh%& Qsads x, yky ikls ds Åijh Qyd ij ftrus fcUnq vk,aaxs yEch iV~Vh ij 0 ds nk;ha
vksj mrus gh [kkusa pysaxsA

nwljh%& Qsads x, gjs ikls ds Åijh Qyd ij ftrus fcUnq vk,axs mrus gh [kkus iV~Vh ij ck¡;h
vksj pysaxsA ;g pyuk ml LFkku ls izkjaHk djsasxs tgk¡ yky ikls ds dkj.k nkfgus vksj pydj igq¡ps FksA

 [ksy vkjEHk gksrk gS (The Game Starts Now) %
lcls igys iklk Qkfrek Qasdrh gSA Qkfrek ds yky ikls ij 5 rFkk gjs ij 3 fcUnq vk,A 'krZ

ds vuqlkj Qkfrek 'kwU; ls nkfgus vksj 5 [kkus pysxh vkSj 3 [kkus okil vk,xhA mldh fLFkfr uhps fp=
3 ds vuqlkj 2 ij gS&

vc deyh nksuksa ikls Qsadrh gSA nksuksa gh iklksa ij 4 fcUnq vk,A ¼'krZ vuqlkj½ deyh dh fLFkfr
dks uhps n'kkZ;k x;k gS&

vUr esa jkds'k nksuksa ikls Qsasdrk gSA mlds yky ikls ij 2 vkSj gjs ikls ij 5 fcUnq vk,A 'krZ
ds vuqlkj jkds'k 2 [kkuk nk¡;ah vksj pyrk gS] vkSj ogka ls okil eqM+ dj 5 [kkusa ck;ha vksj tkrk gSA
og viuh fLFkfr 'kwU; ls rhu [kkus ck¡, rjQ ikrk gSA ,d ckj fQj cPpksa dks le> ugha vkrk dh jkds'k
dh fLFkfr dks D;k fy[ksaA

ijarq deyh vkSj dqN vU; dks dqN dqN le> esa vkus yxk gS fd 'kwU; ds nk¡;h vksj dh laa[;k,¡
Øe'k% ,d&,d c<+ jgh gSA nk¡;s vksj c<+us ds fy, fiNyh la[;k esa 1 tksM+ dj Øe'k% vxyh la[;k
izkIr djrs gSaA mlh izdkj ck¡;s vksj tkus ds fy, ,d &,d ?kVk dj Øe'k% ihNs okyh la[;k izkIr djrs
tkrs gSaA 'kwU; ds nkfgus vksj dh la[;k,¡ Øe'k% ,d&,d tksM+us ij izkIr gksrh gSa vkSj 'kwU; ds ck,a vksj

fp=&3

 

 

5 [kkus nk,¡

3 [kkus ck,¡
Qkfrek dh fLFkfr 2

0 1 2 3 4 5 6 7 8 9 10

fp=&4

4 [kkus nk,¡

4 [kkus

0 1 2 3 4 5 6 7 8 9 10

deyh dh fLFkfr 0

 

 

fp=&5

2 [kkus nk,¡

5 [kkus ck,¡
jkds'k dh fLFkfr \

 

 

\ 0 1 2 3 4 5 6 7 8 9 10
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dh la[;k,¡ Øe'k% ,d&,d ?kVkus ij izkIr gksrh gSA

D;k ;g  ckr vkids le> esa vkbZ\ eksuw us dgk

"D;k bldk vFkZ ;g gS fd 'kwU; ds nk;ha vksj dh

la[;k,¡a /kukRed gSa vkSj 0 ds ck;ha vksj dh la[;k,¡a

_.kkRed gaSA f'k{kd us dgk] ^^fcYdqy Bhd gSA**

;fn 'kwU; ls Øe'k% ,d&,d de djrs tk,¡a rks

0&1¾&1] &1&1¾&2] &2&1¾&3 bR;kfn la[;k,¡

feyrh gSaA vr% jkds'k  dh fLFkfr &3 ij gS D;ksafd 'kwU; ls ck¡;h vksj rhljs

[kkus dk ;gh eku gksxkA bl izdkj 'kwU; ds ck¡;h vksj &1]&2]&3]&4]&5]---- bR;kfn la[;k,¡ ¼lHkh

_.kkRed la[;k,¡ ½ gksaxhA tSls&tSls ck¡;ha vksj ge tk,axs la[;k de gksrh tk,xh vFkkZr~ T;knk cM+h

_.kkRed la[;k curh tk,xhA

Qkfrek dgrh gS fd 'kwU; ds nk;ha vksj dh la[;k;sa Øe'k% c<+rh tkrh gSaA  1>0, 2>1, 3>2, 4>3,

5>4, .... bR;kfn vkSj ck,¡ vksj dh la[;k de gksrh tk,xh vFkkZr &1< 0, &2<&1, &3<&2......bR;kfnA

¼vki _.kkRed la[;kvksa dks le>us ds fy, ;g [ksy d{kk esa o ?kj ij t:j [ksysaA ;fn vkidks

ikls izkIr ugha gksrs gSa rks nks jax ds dkxt ysdj nksuksa ij 1 ls 6 rd dh la[;k vyx&vyx fy[k dj

bl izdkj eksM+ ysa fd la[;k utj ugha vk,A vc izR;sd jax dk ,d&,d dkxt [khaps] bUgha vadksa ls

'krkZuqlkj [ksy [ksysaA½

vius vuqHko ds vk/kkj ij uhps nh x;h la[;kvksa ds chp cus ckDl esa mfpr fpUg > (cM+k½ ;k

¼NksVk½ < yxk,¡A

0 &1 &1   &2

50 70 100   101

&5 5 &53   &5

,sls gh dqN vkSj tksM+s lkspsa o vius lkfFk;ksa dks gy djus dks nsaA

0 $ 1 ¾ 1
1 $ 1 ¾ 2
2 $ 1 ¾ 3
3 $ 1 ¾ 4
--- $ --- ¾ ---
--- $ --- ¾----

tSls

&5 &4 &3 &2 &1 0 1 2 3 4 5 6 7 8 9 10

fp=&6

'kwU; ds ck,¡ vksj dh la[;k,¡
  

'kwU; ds nk,¡ vksj dh la[;k,¡

3 & 1 ¾ 2

2 & 1 ¾ 1

1 & 1 ¾ 0

0 & 1 ¾ &1

&1&1 ¾ &2

---& --- ¾ ------
---& --- ¾ ------
---& --- ¾ ------

 tSls
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 _.kkRed la[;k,¡ (Negative Numbers)

 fØ;kdyki (ACTIVITY) 1-
iwoZ ds mnkgj.kksa esa vkius ik;k fd ftl izdkj /kukRed la[;k,¡ gSa mlh izdkj

_.kkRed la[;k,¡ Hkh gSaA bu la[;kvksa dks 'kkfey djus ls ge dbZ ubZ lafØ;k,¡
dj ik,¡xs tSls 12 esa ls 14 ?kVk ik,axs vkSj mÙkj dks n'kkZ ik,¡xsA 3 vkSj 4 tksM+us
ij ifj.kke 7 vkrk gSA ;fn tksM+ dk izFke vad 3 fLFkj j[ksa rks mlesa dkSulh la[;k
tksM+sa fd ifj.kke Øe'k% 6]5]4]3]2]1] vkSj 0 izkIr gks\ bu ekuksa dks [kkyh ckDlksa esa
fyf[k,A ,sls vkSj Hkh loky lkspsa o gy djsaA D;k vki lcls NksVh vkSj lcls cM+h

_.kkRed la[;k dk eku crk ldrs gSa\

 iw.kkaZd ¼Integer½
vki izkd`r la[;kvksa vkSj iw.kZ la[;kvksa ls ifjfpr gSaA muesa ;fn _.kkRed la[;k,¡ tksM+ ysa rks\

'kwU; ds nk¡bZa vksj izkd`r la[;k,¡ gSa vkSj ck¡;h vksj _.kkRed la[;k,¡A /kukRed la[;k,¡] _.kkRed
la[;k,¡ rFkk 'kwU; dks feykdj iw.kkZad curs gSaA iw.kk±d dks I ;k Z ls fn[kkrs gSaA vFkkZr~

iw.kkZad ¼I½ = ¿..............-3,-2,-1,0,1,2,3,4,5,.......À vkfnA

ftl izdkj lcls cM+h iw.kZ la[;k ugha gS mlh izdkj lcls cM+h iw.kkZad Hkh ugha gSA D;k vki lcls
NksVh iw.kkZad lksp ldrs gSa \

 la[;k js[kk ij iw.kkZad la[;k dks fu:fir djuk
,d ljy js[kk [khafp,A bl ljy js[kk ij ,d lekUk nwjh ij dqN fcUnq vafdr dhft,A bl

js[kk ij chp esa fLFkr fdlh fcUnq dks 'kwU; fy[kdj blds nkfgus vksj èkukRed la[;k,¡ rFkk 'kwU; ds ck¡a;s
vksj _.kkRed la[;k,¡ fyf[k, ¼fp=&7 ds vuqlkj½A bl izdkj cuh js[kk la[;k js[kk dgykrh gSA

 Nk;k fp= ds ek/;e ls iw.kkZadksa dk izn'kZu %&

;gk ¡
N ¾ izk—frd la[;k,¡
W ¾ iw.kZ la[;k,¡
I ¾ iw.kkZad la[;k,¡

3 $ 4 ¾  7
3 $ ¾  6
3 $ ¾  5
3 $ ¾  4
3 $ ¾  3
3 $ ¾  2
3 $ ¾  1
3 $ ¾  0

 -8  -7   -6   -5  -4   -3   -2  -1    0    1     2   3     4    5    6    7    8
 

fp=&7

1,2,3, ......
N

I

W

O

...,-8,-7,....,-3,-2,-1
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mijksDr ladsrksa dks ns[kdj fp= 8 esa iw.kkZad esa 'kkfey la[;kvksa dh igpku dhft,A iw.kZ la[;k esa
dkSu&dkSu lh la[;k 'kkfey gSA

iw.kkZadkas ij dh xbZ lafØ;kvksa dks la[;k js[kk ij iznf'kZr djukA
iw.kkZadksa dks tksM+uk &

tc nksuksa la[;k,¡ /kukRed gksa] tSls  3 $ 5 ¾ \

igys 'kwU; ls 3 vad /kukRed fn'kk esa] fQj ogha ls 5 vad /kukRed fn'kk esa tkus ij 8 ij  igq¡prs
gSa vr% 3 $ 5 = 8

vkSj tc nksuksa la[;k,¡ _.kkRed gksa] tSls ¼&2½$¼&5½A
rks igys _.kkRed fn'kk esa 2 vad tkrs gSaA fQj ogha ls 5 vad _.kkRed fn'kk esa vkSj c<+sa rks

&7 vad ij igqaprs gSaA
vFkkZr~ ¼&2½$¼&5½ ¾ &7

tc ,d la[;k /kukRed vkSj nwljh la[;k _.kkRed gks&
tSls% ¼v½ 8 $¼&5½ = \

¼v½

igys 'kwU; ls 8 vad /kukRed fn'kk esa tk,axs vkSj fQj ogka ls okil 5 vad _.kkRed fn'kk esa ysaxsA
'kwU; ls ml fn'kk dks ekywe djsaA ;gk¡ gesa /kukRed fn'kk esa 3 izkIr gksrk gS vFkkZr~ 8$¼&5½ ¾ 3
¼c½ &8 $ 5 = ?

_.kkRed fn'kk esa 8 vad pydj ogka ls okil 5 vad 'kwU; dh vksj ¼/kukRed fn'kk½ esa vkus
ij vafre fLFkfr _.kkRed fn'kk esa 3 ij gS tks fd &3 gS vFkkZr~ &8$5 ¾ &3

blh izdkj vki Hkh nks&nks iw.kkZad ysdj mUgsa tksfM+,A izkIr ifj.kkeksa ij fopkj djsaA

fp=&9

>>

  -8  -7   -6   -5  -4   -3   -2  -1    0    1     2   3    4     5    6    7    8

$ 5$ 3

>

 -8  -7   -6   -5  -4   -3   -2   -1    0    1    2    3    4    5    6    7    8

$8
>

&5fp=&11

fp=&10

 -8  -7   -6   -5  -4   -3   -2   -1    0    1    2    3    4    5    6    7    8

&2&5&5

&8&8

 -8  -7   -6   -5   -4   -3   -2   -1    0    1    2    3    4    5    6    7    8

$5
fp=&12
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bl izdkj mijksDr mnkgj.kksa ls ;g ekywe gksrk gS fd &
1- nks /kukRed iw.kkZadksa dk ;ksxQy lnSo /kukRed iw.kkZad rFkk nks _.kkRed iw.kkZadksa dk ;ksxQy

lnSo _.kkRed iw.kkZad gksrk gSA
2- ,d /kukRed ,oa ,d _.kkRed iw.kkZad dk ;ksxQy /kukRed iw.kkZad gksxk ;fn /kukRed iw.kkZad

dk vkafdd eku vf/kd gks rFkk ;ksxQy _.kkRed gksxk ;fn _.kkRed iw.kkZad dk vkafdd eku
vf/kd gksA
iw.kkZadksa dks tksM+us esa mu lHkh xq.kksa dk ikyu gksrk gSA ftudk iw.kZ la[;k,¡ ikyu djrh gSA

1- nks iw.kkaZdksaa dk ;ksx ,d iw.kkZad gh gksxkA
2- lHkh iw.kkaZdksa  ds ;ksx esa Øe fofue; fu;e ykxw gksrk gSA
3- nks iw.kkaZdksa  dk ;ksx ges'kk ,d iw.kkZad la[;k gksrh gS] ;gh iw.kkaZdksa ds ;ksx ds fy, laojd fu;e

gSA
4- iw.kkaZdksaa esa 'kwU; tksM+us ij muds eku esa dksbZ ifjorZu ugha vkrk gSA

iw.kkZad la[;kvksa dk ?kVkuk  (Subtraction of Integers)

ftl izdkj iw.kZ la[;kvksa esa ?kVkus dh lafØ;k ;ksx dh foifjr lafØ;k gS] mlh izdkj iw.kkZad
la[;kvksa esa ?kVkus dh lafØ;k Hkh ;ksx dh foijhr lafØ;k gSA fuEu mnkgj.kksa ij Ë;ku nhft,A
¼v½ 14 & 18 ¾ &4

¼c½ 5 & 3 ¾ 2

¼l½ 8 & 4 ¾ 4

?kVkus dh izfØ;k rks vki tku pqds gSaA ijarq] ;fn dHkh 10 ls &6 ?kVkus dks dgk tkrk gS rc
ijs'kkuh gks ldrh gS D;ksafd _.kkRed la[;kvksa dks dSls ?kVk,a] og Bhd ls le> ugha vkrk gSA vkb,]
bl ckr dks le>sa %

vki tkurs gSa fd 5 $ 0 ¾ 5] 8 $ 0 ¾ 8] 111 $ 0 ¾ 111
vFkkZr~ fdlh Hkh la[;k esa ;fn 'kwU; tksM+k tk, rks ;ksxQy ogh jgrk gS tks la[;k dk eku gSA

bl rjg 'kwU; dks ;ksT; rRled (additive identity) dgrs gSaA

>

         -16 -14 -12  -10 -8  -6   -4  -2    0    2     4   6    8   10  12  14  16

fp=&13

fp=&14

>

          -8   -7   -6  -5   -4  -3   -2   -1    0    1    2    3    4    5    6    7     8

>

fp=&15

         -16 -14 -12  -10 -8  -6  -4   -2    0    2     4   6    8   10  12  14  16
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lksfp,] 5 esa D;k tksM+s fd 'kwU; izkIr gks\ vkidk mŸkj gksxk ¼&5½
vFkkZr~ 5 $ ¼&5½ ¾ 0 ¼;ksT; rRled½
blh izdkj ¼&7½ esa D;k tksM+s fd 'kwU; izkIr gks\ vkidk mŸkj gksxk ¼$7½
vFkkZr~ ¼&7½ $ ¼$7½ ¾ 0 ¼;ksT; rRled½
;gk¡ ¼&5½ ;ksT; izfrykse gS 5 dk rFkk $ 7 ;ksT; izfrykse gS ¼&7½ dkA
vr% fdlh la[;k dk ;ksT; izfrykse  (additive inverge) og la[;k gS ftls ml

la[;k ds lkFk tksM+us ij ;ksT; rRled ¼'kwU;½ izkIr gksrk gSA

vFkkZr ~ la[;k $ la[;k dk ;ksT; izfrykse ¾ ;ksT; rRled

 uhps nh xbZ la[;kvksa dk ;ksT; izfrykse Kkr dhft, %

la[;k    la[;k dk ;ksT; izfrykse ;ksT; rRled
  35 $ ¼-----------------------½ ¾ 0
&40 $ ¼-----------------------½ ¾ 0
&17 $ ¼-----------------------½ ¾ 0
&35 $ ¼-----------------------½ ¾ 0

       &13 $ ¼-----------------------½ ¾ 0

igyh la[;k esa nwljh la[;k ?kVkus dk vFkZ gS igyh la[;k esa nwljh la[;k ds ;ksT;
izfrykse dks tksM+ukA D;k vkidks ;g ckr mfpr yxrh gS\

tSls 12 &¼5½ ¾ 12 $¼5 dk ;ksT; izfrykse½
¾ 12 $¼&5½

mlh izdkj  12&¼&5½ ¾ 12 $¼&5 dk ;ksT; izfrykse½
¾ 12 $¼$5½ ¾ 12 $5 ¾17

D;k vki 10 esa ls ¼&6½ dks ?kVk ldrs gSa\

vH;kl (Practice) &4-1

uhps fn, x, iz'uksa esa ?kVk;ha tkus okyh la[;k dk ;ksT; izfrykse fudky dj gy dhft,%

1½ 3&¼&7½ 2½ 12&¼&10½ 3½ 15&¼$7½

4½ 7 &¼$18½ 5½ 19&¼&7½
Åij vH;kl ds iz'uksa esa vki ns[k jgs gSa fd _.kkRed la[;k dk _.kkRed ,d /kukRed la[;k

gS vkSj /kukRed la[;k dk _.kkRed ,d _.kkRed la[;k gSA
tSls % & ¼&3½ ¾ $3

;k ¼&1½ × ¼&3½ ¾ $3
¼&5½ × ¼&3½ ¾ $ 15

vFkkZr~ nks _.kkRed iw.kkZ adks dk xq.kuQy lnSo /kukRed iw.kkZad gksrk gSA
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blh izdkj]
&¼$7½ ¾ &7

;k ¼&1½ × ¼$7½ ¾ &7
¼&5½ × ¼$3½ ¾ &15

vFkkZr~ ,d _.kkRed iw.kkZad rFkk /kukRed iw.kkZad dk xq.kuQy lnSo _.kkRed iw.kkZad gksrk gSA

  ?kVkus dh laf{kIr fof/k (Short Cut Method of Subtraction)

tc fdlh la[;k dks 10] 100] 1000 vkfn ls ?kVkuk gksrk gS rks vki lcls cMs+ LFkku ds 1 dks mlls

NksVh bdkb;ksa esa cnyrs gSaA tSls] bl mnkgj.k esa ns[ksa &

mnkgj.k 1- 1 0 0

     &  7
   

gy %& ;gk¡ bdkbZ ds 'kwU; ls 7 ugha ?kV ldrkA ngkbZ esa Hkh 'kwU; gS] ogk¡ ls Hkh vkidks dqN ugha fey

ldrkA vki ,d lSdMs+ dks nl ngkb;ksa esa vkSj buesa ls ,d ngkbZ dks nl bdkbZ esa cnyrs gSa &

lS- n- b- lS- n- b-

1 0 0  0 9 10 ¼ 100 ¾ 90 $ 10½

;kus ,d lSdM+k NksVh bdkb;ksa esa cnydj 9 ngkbZ vkSj 10 bdkbZ cu tkrk gSA ,sls esa lkS ls NksVh

fdlh Hkh la[;k dks ?kVkuk vkids fy, vklku gks tkrk gSA

?kVkb,

lS- n- b-

0 9 10 ¼ 100 & 7 ¾ 90 $ 10 & 7½

&  7 ¼ ¾ 90 $  3 ¾ 93½

9  3

,d vkSj mnkgj.k ns[ksa &

mnkgj.k 2-  1 0 0 0 0

  &    2 8 7 4    

gy %&
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fn;k gS &    nlg- g- lS- n- b-

1 0 0 0 0

& 2 8 7 4

la[;k nl gtkj dks NksVh bdkb;ksa esa cnfy, &

nlg- g- lS- n- b-

0 9 9 9 10 ¼10000¾9990$10½

& 2 8 7 4

7 1 2 6

mnkgj.k 3-  1 0 0 0 & 8 7 6

  9 9 ¼10½

       &  8 7  6
       

bu mnkgj.kksa esa vkius ns[kk fd bdkbZ ds vad dks nl ls ?kVk;k tk jgk gS ckdh lHkh dks ukS lsA

vc vki pkgsa rks lh/ks mÙkj fy[k ldrs gSaA

100 & 23 ¾ ¼9 & 2½ ¼10 & 3½ ¾ 77

100 & 69 ¾ ¼9 & 6½ ¼10 & 9½ ¾ 31

1000 & 512 ¾ ¼9 & 5½ ¼9 & 1½ ¼10 & 2½  ¾ 488

1000 & 32 ¾ ¼9 & 0½ ¼9 & 3½ ¼10 & 2½  ¾ 968

1000 & 8 ¾ 992

10]000 & 982 ¾ 9018

10]000 & 8374 ¾ 1626

  iw.kkZadksa ds ?kVkus ls lacaf/kr xq.k (Properties Related to Subtraction of Integers)

1- nks iw.kkaZdksa dk vUrj ,d iw.kkZad gksrk gSA¼laojd xq.k½
2- iw.kkaZd esa ls 0 ?kVkus ij mudk eku ugha cnyrkA
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3- izR;sd iw.kkZad dk iwoZorhZ ,oa ijorhZ Hkh iw.kkZad gksrk gSA
tSls 0 dk iwoZorhZ &1 ,oa &1 dk iwoorhZ &2] &5 dk iwoZorhZ &6 bR;kfn rFkk &1 dk

ijorhZ 0]&2 dk ijorhZ &1] &6 dk ijorhZ &5 bR;kfnA

  chtkad ds ç;ksx ls tksM+us] ?kVkus dh tk¡p

rqEgsa irk gh gS fd fdlh la[;k dk chtkad Kkr djus ds fy, mlds vadkas dk ;ksx rc

rd djrs gSa tc rd ,d vad okyh la[;k u fey tk,A var esa çkIr vad gh chtkad gksrk

gSaA

tSls & 45 dk chtkad 4 $ 5  ¾ 9 gS

vkSj 457 dk chtkad 4 $ 5 $ 7 ¾ 16

16 esa nks vad gS blhfy, 1 $ 6 ¾ 7

vFkkZr~ 457 dk chtkad 7 gSA

chtkad dh lgk;rk ls ge vius cuk, lokyksa dh tk¡p dj ldrs gSaA

  tksM+ dh tk¡p (Verification of Addition)

tksM+ ds lokyksa dh tk¡p djus ds fy, ge tksM+h tkus okyh la[;kvksa vkSj ;ksxQy dk

chtkad Kkr djrs gSaA

;fn la[;kvksa ds chtkad dk ;ksx mÙkj ds chtkad ds cjkcj gks rks mÙkj lgh gksxkA

vkb, ,d mnkgj.k ls le>rs gSa &  453 $ 158 ¾ 611

453 ds chtkad 3 vkSj 158 ds chtkad 5 dk ;ksx mÙkj 611 ds chtkad 8 ds cjkcj gSA

vFkkZr~ mÙkj lgh gSA

blh çdkj vius cuk, gq, tksM+ ds lokyksa ds mÙkj dh tk¡p vki [kqn gh dj ldrs gSaA

  ?kVkus dh tk¡p (Verification of Subtraction)

;fn mÙkj ds chtkad esa ?kVkbZ tkus okyh la[;k dk chtkad tksM+us ij Åij okyh la[;k

dk chtkad çkIr gks rks mÙkj lgh gksxkA

vkb, ,d mnkgj.k ns[ksa &   587 & 235 ¾ 352

mÙkj 352 ds chtkad 1 vkSj ?kVus okyh la[;k 235 ds chtkad 1 dks tksM+us ij 2 çkIr

gksrk gSA

587 dk chtkad Hkh 2 gSA

vFkkZr~ mÙkj lgh gSA

bl rjhds ls mu ç'uksa ds mÙkjksa dh tk¡p dhft, ftUgsa vkius gy fd;k gSA
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  iw.kkaZdksa dk xq.kk (Multiplication of Integers)

  fØ;kdyki (ACTIVITY)  1

uhps rkfydk esa iw.kkZad la[;kvksa dk xq.kk djds fn[kk;k x;k gSA
dqN fjDr LFkku rkfydk esa gS] mudh iwfrZ dhft, &

Ø-  igyh nwljh  igyh la[;k     xq.kuQy fu"d"kZ
    la[;k la[;k  nwljh la[;k
01- 3   4     3 4 $12 nks /kukRed iw.kkZadksa dk

xq.kuQy ,d /kukRed
iw.kkZad gksrk gSA

02-   &6  &2   ¼&6½  ¼&2½ $12 nks _.kkRed iw.kkZadksa dk
xq.kuQy ,d /kukRed
iw.kkZad gksrk gSA

03-   &5    2   ¼&5½  ¼$2½ &10 ,d /kukRed iw.kk±d vkSj ,d
_.kkRed iw.kk±d dk xq.kuQy
,d _.kkRed iw.kk±d gksrk gSA

04-     3  &6   ¼$3½   ¼&6½ &18 ------------------------------------------------
05   & 5  &4 --------------------------- ----------- ------------------------------------------------
06    &7    2 --------------------------- ----------- ------------------------------------------------
07-   &8 &12 --------------------------- ----------- ------------------------------------------------
08-    15 &13 --------------------------- ----------- ------------------------------------------------
09   &17 &19 --------------------------- ----------- ------------------------------------------------

9] 99] 999---------- vkfn dk xq.kk

,d] nks vkSj rhu vadkas okyh fdlh la[;k esa Øe'k% 9] 99] 999 tSlh la[;kvksaa dk xq.kk djus ij

gesa ,d etsnkj iSVuZ feyrk gSA vkb, dqN mnkgj.k ns[ksa &

8   9 ¾ 72 47   99 ¾ 46 53

7   9 ¾ 63 78   99 ¾ 77 22

5   9 ¾ 45
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vki ns[k jgs gSa fd xq.; vkSj xq.kd ,d&,d vad okyh la[;k,¡ gSaA çkIr xq.kuQy esa ngkbZ dk

vad gj ckj xq.; ls ,d de gS vkSj ngkbZ esa feyh bl la[;k dks 9 ls ?kVkus ij tks feyk mls bdkbZ

esa j[kk x;k gSA D;k ;gh iSVuZ nwljh la[;kvksa esa Hkh feysxk\

ns[ksa %&  ngkbZ bdkbZ n- b-

6   9 ¾ ¼6 & 1½ ¼9 & 5½ ¾ 5 4 ¾ 54 lR; gSA

4   9 ¾ ¼4 & 1½ ¼9 & 3½ ¾ 3 6 ¾ 36 lR; gSA

;fn xq.; vkSj xq.kd nks&nks vadksa dh la[;k,¡ gksa rks D;k gksxk\ ;gk¡ gesa xq.kuQy ds :i esa pkj

vadksa dh la[;k feysxh ¼10 99 dks NksM+dj½

g- lS- n- b- g- lS- n- b-

10×99 = (10-1) (99-9) = 9 9 0

75   99 ¾ ¼75 & 1½ ¼99 & 74½ ¾ 7 4 2 5

84   99 ¾  ¼84 & 1½ ¼99 & 83½ ¾ 8 3 1 6

bls FkksM+k vkSj c<+k,¡ (take it slightly more)&

     100   999 dks gy djsaA

nl g-    g- lS-  n-  b-

      100  999 ¾   ¼100 & 1½  ¼999 & 99½

99   900 ¾ 9 9 9 0 0

;fn 100 ls cM+h dksbZ Hkh rhu vad okyh la[;k ysa rks xq.kuQy 6 vadksa dh la[;k gksxhA

     217  999 ¾ ¼217 & 1½ ¼999 & 216½

216 783 ¾ 2 1 6 7 8 3

999   999 ¾ ¼999 & 1½ ¼999 & 998½

998 001 ¾ 9 9 8 0 0 1
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vc FkksM+k lkspsa ;s lc dSls gksrk gS \

8   9 ¾ 8  ¼10 & 1½ ¾ 80 & 8 ¾ 70 $ 10 & 8

¾ 70 $ 9 & 7

¾ 70 $ 2

¾ 72

¼7 $ 1½ ¼10 & 1½ ¾ 70 $ 10 & 7 & 1

¾ 70 $ 10 & 1 & 7

¾ 70 $ 9 & 7

¾ 70 $ 2

¾ 72

vc bu mnkgj.kksa dks /;kuiwoZd nsf[k,&

3 × 2 ¾ 6] 2 × 1 ¾ 2] 4 × 2 ¾ 8] 1 × 4 ¾ 4

5 × 3 ¾ 15] 2 × 8 ¾ 16] 7 × 3 ¾ 21] 9 × 9 ¾ 81

Åij ds igys pkj mnkgj.kksa esa vki ns[k jgs gSa fd bdkbZ dh la[;k esa bdkbZ dh la[;k dk xq.kk

djus ij bdkbZ dh la[;k gh fey jgh gSA uhps ds pkjksa mnkgj.kksa esa Hkh bdkbZ esa bdkbZ dk xq.kk gqvk

vkSj xq.kuQy esa bdkbZ ds lkFk & lkFk ngkbZ dh Hkh dksbZ la[;k fey jgh gSA

blh rjg vki ns[k ldrs gaS fd ngkbZ esa bdkbZ dk xq.kk djus ij ;k rks ngkbZ vkSj lSdM+k ;k

dsoy ngkbZ dh la[;k feysxhA

tSls 20 × 3 ¾ 60] 30 × 1 ¾ 30] 10 × 4 ¾ 40

40 × 3 ¾ 120] 50 × 5 ¾ 250] 30 × 7 ¾ 210

20 ;kuh nks ngkbZ esa 3 dk xq.kk djus ij 60 bdkb;k¡ ;kuh 6 ngkb;k¡ feyhaA 4 ngkb;ksa ¼40½ esa

3 dk xq.kk djus ij 12 ngkb;k¡ ;k 1 lSdM+k vkSj 2 ngkb;k¡ feyhaA

;fn bu ckrksa dk /;ku j[krs gq, xq.kk djsa rks xq.kk djuk FkksM+k laf{kIr gks tkrk gSA vkxs dqN

mnkgj.kksa ls ge le>saxs ;g xq.kk dSls fd;k tkrk gSA

mnkgj.k 1 13 × 12

gy & 13

  × 12

pj.k & 1 bdkbZ 3 esa bdkbZ 2 dk xq.kk fd;kA

6 bdkb;k¡ feyhaA bUgsa bdkbZ esa fy[kkA

13
× 12

 6
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pj.k & 2 igyh la[;k dh bdkbZ 3 esa nwljh la[;k dh ngkbZ 1 dk xq.kk

fd;k] 3 ngkb;k¡ feyhaA nwljh la[;k dh bdkbZ 2 esa igyh la[;k

dh ngkbZ 1 dk xq.kk fd;k] 2 ngkb;k¡ feyha] dqy 5 ngkb;k¡

¼3 $ 2½ feyha] bls ngkbZ esa fy[kkA

¼3×1½ $ ¼2×1½ ¾ 3 $ 2 ¾ 5 ngkb;k¡

 pj.k & 3 igyh la[;k dh ngkbZ 1 esa nwljh la[;k dh 1 ngkbZ dk xq.kk

fd;k 1 lSdM+k feykA bls lSdM+s esa fy[kkA dqy 156 feykA

                                    bu rhuksa pj.kksa dks bl rjg ns[k ldrs gSa &

          lS-         n-          b-

1 1  3 3

 

1 1 2 2

1 ¼3 $ 2½ 6

1 5 6 ¾ 156

mnkgj.k 2      12    31 dks gy djsaA

gy

pj.k & 1  bdkbZ 2   bdkbZ 1 ¾ 2 bdkb;k¡

bdkbZ esa fy[kkA

pj.k & 2 bdkbZ 2   ngkbZ 3 ¾ 6 ngkb;k¡

bdkbZ 1   ngkbZ  1 ¾ 1 ngkb;k¡

1 3
× 1 2

   5 6

  1  3

  1  2

1 3
× 1 2

 1 5 6

1   2



 3   1

       2

1   2

3   1

    7  2

;ksx ¾ 7 ngkb;k¡ ¼ngkbZ esa fy[kk½
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pj.k 3 lSdM+k 1 lSdM+k 3 ¾ 1 3 ¾ 3 ¼lSdM+s esa fy[kk½

gy feyk 12    31 ¾ 372

bu nksuksa mnkgj.kksa esa xq.kk djus ij gesa gkfly ugha feykA ;fn la[;kvksa dks FkksM+k cM+k ysa

rks ;g fLFkfr cusxhA

vkb, ns[ksa &

mnkgj.k 3   43    12 dks gy djsa

pj.k 1 bdkbZ 3   bdkbZ 2 ¾ 6 bdkb;k¡

¼bdkbZ esa fy[kkA½

pj.k 2 ¼bdkbZ 3   ngkbZ 1½ $ ¼bdkbZ 2   ngkbZ 4½

   3 $ 8 ¾ 11 ngkbZ

  11 ngkbZ  ¾ 1lSdM+k $ 1 ngkbZ

1 ngkbZ dks ngkbZ esa fy[kkA 1lSdM+k gkfly ds :i esa vkxs ds

fy, j[kkA

pj.k 3 ngkbZ  4  ngkbZ 1 ¾    4 lSdM+k

    ¾ $ 1 lSdM+k ¼gkfly dk½

;ksx ¾   5 lSdM+k

 bls lSdM+s esa fy[kkA

xq.kuQy feyk 43    12 ¾ 516

mnkgj.k 4  gy dhft, & 76 × 58

pj.k 1 6   8 ¾ 48 8 bdkbZ

4 ngkbZ ¼gkfly ds½

4 3
 1 2

     6

4  3

1  2

    1 6

4  3


  1  2

  5 1 6

1   2


  3   1

  3 7  2

7 6
 5 8

     8
  ¼4½
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pj.k 2
¼6 5½ $ ¼8 7½
30 $ 56 ¾   8 6 ngkb;k¡

  $   4 ngkb;k¡ ¼gkfly ds½

     9 0 ngkb;k¡

¾ 9 lSdM+s $ 0 ngkbZ
ngkbZ esa 0 fy[kk] 9 lSdM+s ¼gkfly dh½

pj.k 3 7   5 ¾   3 5 lSdM+s

    $ 9 lSdM+s ¼gkfly½

     4 4 ngkb;k¡
4 gtkj vkSj 4 lSdM+s
bUgsa buds LFkkuksa ij fy[kkA

gy feyk 76   58 ¾ 4408

  iw.kkZadksa esa xq.ku lafØ;k ds xq.k (Properties of Multiplication of Integers)

1- nks iw.kkZadksa dk xq.kuQy lnSo ,d iw.kkZad gksrk gSA bls laojd xq.k dgrs gSaA
tSls %& 3 6 18   ( ) ¼;gk¡ 3 ,oa &6 dk xq.kuQy &18 ,d iw.kkZad la[;k gS½

2- iw.kkZadksa dh xq.ku lafØ;k Øe&fofues; fu;e dk ikyu djrh gSA
tSls %& ( ) ( )      7 2 2 7 14

3- izR;sd iw.kkZad esa ,d dk xq.kk djus ij ogh iw.kkZad izkIr gksrk gSA

tSls %& ( ) ( )      4 1 1 4 4

;gk¡ la[;k 1 dks xq.ku&rRled vo;o dgrs gSaA

4- fdlh iw.kkZad esa mlds xq.kau izfrykse dk xq.kk djus ij lnSo 1 izkIr gksrk gSA

tSls %& 5
1

5
1 

;gk¡ la[;k 5 dk xq.ku izfrykse 
1

5
 gSA 'kwU; dk xq.ku izfrykse vfLrRo esa ugha gSA

5- 'kwU; dk xq.kk & fdlh iw.kkZad esa 'kwU; dk xq.kk djus ij xq.kuQy lnSo 'kwU; izkIr gksrk gSA

tSls %& ( ) ( )     3 0 0 3 0

6- iw.kkZadksa ds xq.kk ij lkgpk;Z fu;e ykxw gksrk gSA
tSls %&

      
     
   

3 4 5 3 4 5

3 20 12 5

60 60

( ) ( )

( ) ( )

   7  6

5  8

    0 8
¼9½ ¼4½

7  6


  5  8

 4 4 0 8

  ¼5½¼4½
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7- forj.k xq.k %& iw.kkZadksa esa xq.ku lafØ;k ;ksx lafØ;k ij forj.k xq.k dk ikyu djrh gSA
tSls %& 3 4 5 3 4 3 5       ( ) ( )

;k 3 4 5 3 4 3 5( ) ( )     

  
  


12 15

3

  iw.kkaZdksa dk Hkkx (Division of Integers)

fiNys ikB esa iw.kZ la[;kvksa ds lanHkZ esa vkius Hkkx nsuk lh[kk gSA iw.kkaZd la[;kvksa ds xq.kk ds

mnkgj.k Hkh ge ns[k pqds gSA bUgha ds vk/kkj ij ge iw.kkaZdksa ds Hkkx ds ckjs esa le> ldrs gSaA

3 × 4 = 12 -5 × 6 = - 30 (-7) × (-2) = 14

12 ÷ 3 = ? -30 ÷ -5 = ? 14 ÷ (-2) = ?

12 ÷ 4 = ? 30 ÷ 6 = ? 14 ÷ (-7) = ?

xq.ku ,oa Hkkx lafØ;k,¡ ijLij foijhr lafØ;k,¡ gSA ;g 'kwU; ds fy, ykxw ugha gksrk D;ksafd 'kwU;

ls fdlh Hkh iw.kkZad dks Hkkx ugha fn;k tk ldrkA blhs vk/kkj ij Åij fn, dFkuksa esa iz'u fpàksa ds LFkku

ij la[;k,¡ fy[ksaA

  iw.kkaZd esa Hkkx lafØ;k ds xq.k (Properties of Division in Integers)

1- iw.kkaZdksa ds Hkkx ij lnSo laojd xq.k ykxw ugha gksrk gSA tSls 3»4 esa HkkxQy iw.kkaZd ugh gSA

2- izR;sd iw.kkaZd esa ¼'kwU; dks NksM+dj ½mlh iw.kkaZd la[;k dk Hkkx nsus ij HkkxQy ges'kk 1 vkrk

gSA tSls %& 7 7 1 
3- 'kwU; dks NksM+dj izR;sd iw.kkaZd dks mlds ;ksT; izfrykse ls Hkkx nsus ij ifj.kke&1 izkIr gksrk

gSA tSls %& 15 15 1   ( )

4- 'kwU; esa fdlh Hkh iw.kkZad la[;k dk Hkkx nsus ij HkkxQy dk eku 'kwU; gh jgrk gSA

tSls %& 0 16 0 
5- fdlh iw.kkZad la[;k esa 'kwU; ls Hkkx nsus ij HkkxQy Kkr ugha dj ldrsA vFkkZr~

4 0   vifjHkkf"kr
iz'ukoyh (EXERCISE) &4

1- fuEu la[;kvksa dks la[;k js[kk ij fu:fir djds ifj.kke crkb, &

(i) 2 + (-4) (ii) -3 + 5 (iii) (-6) + (-3)

(iv) 6 + 4 + (-2) (v) 4 + (-3) + (-5) (vi) 0 + 3

(vii) 0 + (-5) (viii) 9 + 0 + (-1)

2- ;ksxQy Kkr dhft,&

(i) 1531, (-503) (ii) -55, -211 (iii) 117, -81

(iv) -18, 172



48 xf.kr&6

3- fuEu esa l s i zR; sd  fj Dr  LFkku esa >, = ;k < dk fpà yxkb, ftlls dFku lR; gks&

(i) 8 + (-3) .................... -3 + 8

(ii) -28 + 25 .................... -25 + 28

(iii) -4 + 0 .................... 4 + 0

(iv) 0 + 9 .................... 9 + 0

(v) 25 + (+25) .................... + 25 - (-25)

(vi) 208 + 53 .................... 208 - 53

4- fuEu xq.kuQy Kkr dhft,&

(i) (+2) × (3) × (5) (ii) 3 × (-5) × (-6)

(iii) (-4) × 3 × (-2) (iv) (-6) × (-4) × 1

(v) 3 × 0 × (-2) (vi) 2 × (-7) × (-3)

5- fjDr LFkkuksa dh iwfrZ >, = ;k < fy[kdj dhft, &

(i) (2) × (5) ................ (-3) × (5)

(ii) 2 × -4 × -3 ................ 8 × 3

(iii) 4 × -3 × -1 ................ 28

(iv) (-8) × (-5) ................ 2 × 20

(v) 2 × -3 × 0 ................ 0 × -8

(vi) 4 × 5 × (-3) ................ -4 × (+5) × (-3)

(vii) 3 × 8 × (-5) ................ 3 × 8 × (-5)

6- nks iw.kkZadksa dk ;ksx 69 gSA ;fn muesa ls ,d iw.kkZad 56 gS rks nwljk iw.kkZad crkb,A

7- nks iw.kkZadksa dk ;ksx 85 gS ;fn ,d iw.kkZad &15 gS rks nwljk iw.kkZad Kkr dhft,A

8- fuEu esa ls izR;sd dk HkkxQy Kkr dhft, &

(i) 30 ÷ 2 (ii) 40 ÷ (-4) (iii) -48 ÷ 12

(iv) 24 ÷ 0 (v) -14 ÷ 1 (vi) 95 ÷ (-5)

9- fjDr LFkkuksa dh iwfrZ dhft, &

(i) -80 ÷ ................= - 20 (ii) 46 ÷ ................ = -23

(iii) -24 ÷ ................ = 24 (iv) 12 ÷ ................ = -1

10- uhps nh xbZ la[;kvksa dk ;ksT; izfrykse Kkr dhft, &

(i) 17 (ii) -23 (iii) 68

(iv) -75

11- fjDr LFkkuksa dh iwfrZ dhft, &

(i) -18 + ................ = 0 (ii) 26 + ................ = 0

(iii) 161 + ................ = 0 (iv) -79 + ................ = 0
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geus lh[kk  (We Learnt)

1- nks /kukRed iw.kkZadksa dk ;ksxQy lnSo /kukRed iw.kkZad rFkk nks _.kkRed iw.kkZadksa dk ;ksxQy

lnSo _.kkRed iw.kkZad gksrk gSA

2- ,d /kukRed ,oa ,d _.kkRed iw.kkZad dk ;ksxQy /kukRed iw.kkZad gksxk ;fn /kukRed iw.kkZad

dk vkafdd eku vf/kd gks rFkk ;ksxQy _.kkRed gksxk ;fn _.kkRed iw.kkZad dk vkafdd eku

vf/kd gksA

3- nks iw.kkaZdksa dk ;ksx ges'kk ,d iw.kkZad gksrk gS] ;gh iw.kkaZdksa ds ;ksx ds fy, laojd fu;e gSA

4- iw.kkZad esa 'kwU; tksM+us ij mlds eku esa dksbZ ifjorZu ugha vkrk gSA 'kwU; dks ;ksT; rRled

vo;o dgrs gSaA

5- iw.kkZad esa 1 dk xq.kk djus ij mlds eku esa ifjorZu ugha vkrk gSA la[;k 1 dks xq.ku rRled

dgrs gSaA

6- fdlh /kukRed la[;k dks fdlh _.kkRed la[;k ds lkFk xq.kk djus ij xq.kuQy _.kkRed

la[;k gksrk gSA tSls ¼$1½ × ¼&1½ ¾ &1 ;k ¼&1½ × ¼$1½ ¾ &1

7- _.kkRed la[;k dk _.kkRed la[;k ds lkFk xq.kk gksus ij /kukRed la[;k izkIr gksrh gSaA

tSls & (-1) × (-1) = +1

8- nks iw.kkaZdksa dk ;ksx] vUrj ,oa xq.kk ,d iw.kkZad gksrk gSA

9- iw.kkaZd ls 0 ?kVkus ij mldk eku ugha cnyrkA

10- izR;sd iw.kkaZad dh iwoZorhZ ,oa ijorhZ la[;k gksrh gSA

11- fdlh _.kkRed la[;k dk ;ksT; izfrykse /kukRed la[;k rFkk fdlh èkukRed la[;k dk ;ksT;

izfrykse _.kkRed la[;k gksrh gSA

12- iw.kkZad ds Hkkx ij lnSo laojd xq.k ykxw ugha gksrk gSA tSls 3»4 esa HkkxQy iw.kkZad ugha gSA

13- 'kwU; dks NksM+dj izR;sd iw.kkZad esa mlh iw.kkZad dk Hkkx nsus ij HkkxQy ges'kk 1 vkrk gSA

14- 'kwU; dks NksM+dj izR;sd iw.kkZad dks mlds ;ksT; izfrykse ls Hkkx nsus ij ifj.kke &1 izkIr gksrk

gSA

15- 'kwU; dk xq.ku izfrykse vfLrRo ugha j[krk gSA

16- iw.kkZadksa ds xq.k &

xq.k ;ksx lafØ;k varj lafØ;k xq.ku lafØ;k Hkkx lafØ;k

laojd    

Øefofues;    

lkgpk;Z    
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